Ãéþñãïò ÊïëÝôóïò, ÈåùñSSá Óõíüëùí, ÐñïâëÞìáôá 7 1

ÐÑÏÂËÇÌÁÔÁ 7

Ðñüâëçìá 1 Ðïéá áðü ôá ðáñáêÜôù åSSíáé áëçèÞ; 1. A ≼ B ↔ ∃D ⊆ B; A ∼ D 2. A ≺ B ↔ ∃D ⊂ B; A ∼ D 3. A ∼ ∅ ↔ A = ∅ 4. A ∼ B → ∪A ∼ ∪B Ðñüâëçìá 2 ÄåSSîôå A ∼ B →^AD ∼^BD, ãéá ïðïéïäÞðïôå óýíïëï D êáé A ≼ B →^AD ≼^B D ãéá ïðïéïäÞðïôå óýíïëï D ≠ ∅.

Ðñüâëçìá 3 ÕðïèÝóôå üôé ∅ ≠ X ⊆ n. ÁðïäåSSîôå ìå áñéèìçôéêÞ åðáãùãÞ üôé ôï X Ýœåé ìÝãéóôï óôïéœåSSï.

Ðñüâëçìá 4 ÁëçèÝò Þ øåõäÝò; 1. ff = ff^′ \ {ff} 2. ff ≼ fi ↔ ff ≤ fi Ðñüâëçìá 5 ÄåSSîôå üôé áí A ∼ A × 2 ôüôå P(A) ∼ P(A) × P(A). Ðñüâëçìá 6 (áðü áíÜëõóç) ÎÝñïõìå üôé [−1; 1] ∼ [−1; 1]^2. Ðáñ’üëá áõôÜ ìðïñïýìå íá áðïäåSSîïõìå üôé äåí õðÜñœåé óõíåœÞò óõíÜñôçóç f : [−1; 1] ↣↠ [−1; 1]^2 (f 1-1 êáé åðSS). Äéüôé áò õðïèÝóïõìå üôé õðÜñœåé. Ôüôå äåSSîôå üôé 1. f^{−1} : [−1; 1]^2 ↣↠ [−1; 1] åSSíáé óõíåœÞò.

Êáôüðéí ïñSSæïõìå g : [0; ß] → [−1; 1] ìå g(t) = f^{−1}(cos(t); sin(t)) − f^{−1}(cos(t + ß); sin(t + ß)) Üñá g åSSíáé óõíåœÞò. ÄåSSîôå üôé 2. g(0) = −g(ß) 3. g(t) = 0 ãéá êÜðïéï t ∈ [0; ß] 4. f^{−1} äåí åSSíáé 1-1 !